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1. Introduction. Let 4, be a real n X 7 matrix having 1 as an eigenvalue
of order k. Let the JorDAN canonical form of A4, include m blocks along the
diagonal which have 1’s for diagonal elements. Let there be e, blocks of size
1 X 1, e, blocks of size 2 X 2, -- -, ¢, blocks of size ¢ X ¢, where ¢ is the order
of the largest such block. We then have

61+62+ cee +eq= m,

e+ 2+ - + ge, = E.
Let the square matrix of (n — k) rows and columns which is at the lower right
corner of A, be in some real canonical form, and let it be denoted by B. Since 1

is not an eigenvalue of B, we have that the matrix B — I, where I denotes the
identity, is nonsingular. A, thus has the form

B, 0
B,

1.1)
B,
Lo B

where a block B; of size h X h has h 1’s along the main diagonal and (h — 1) 1's
along the superdiagonal. It is assumed for definiteness that the blocks B; are in
increasing order of size.

Now let D be a real n X n matrix, and let € be a small real parameter. Consider
the matrix 4 (¢) given by

Ae) = Ay(I + €D + o0(e).
Of the n eigenvalues of A(e), & will reduce as ¢ — 0 to 1, while the others
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