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1. Main results. A. M. Garsia [1] has recently proved that every L, Fourier
series can be rearranged so that it converges a.e. The proof rests on an estimate

for finite sums T = D *_, &, , where &, , --- , &, are orthogonal functions on
a measure space. If ¢ = (oy, -+, 0,) is a permutation of {1, --- | n}, write
1.y S*(x, 0) = max |, &,,()|.
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His result is that
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foralln and &, , --- , ®,, where the sum is over all such permutations ¢, and 4
is an absolute constant. (From here on we will use 4, , A(r, s, +--) to denote
constants, not necessarily the same at each occurrence, which depend only on
the indicated parameters.)

Theorem 1 is an extension of the L, estimate (1.2) to L, for even integers q.
First we need a replacement for orthogonality.

(1.3) Definition. Let r be a positive integer. Let (¢,) be a system of complex~
valued functions on a measure space. We will say (¢.) is @ P-system for r if for
any indices &, , *++ , @, B, +++, B we have

(1.4:) fﬁoa; 0 Pa, P v DB, = 0.

Any orthonormal system is a P-system for 1. The systems

(€™ v =0, £1, +2,---) and (cosvz:v =0,1,2, --+) on [0, 2x],
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