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1. Introduction. Let © be a bounded domain in E”. The spaces C**(Q)
{C**(@)}, for k a non-negative integer and 0 < a < 1, consist of functions k&
times continuously differentiable in Q{Q} having their derivatives of order k
locally Holder continuous, with exponent «, in Q{Q}. We write C*°(Q) = C*(Q)
and C**(Q) = C*(Q). The operator

(1) Qu = aﬁ(x; u, ux)uzizy + a(x) U, P)

acting on functions u(x) e C*(Q) is elliptic in @ if the minimum eigenvalue
Az, u, p) of the matrix A (z, u, p) = [a" (z, u, p)] is positive in @ X E X E". Here

u=<un"'uxn)) p=(p1,"'l7»)

and repeated indices indicate summation from 1 to n. The functions a (z, u, p)
are defined in @ X E X E". If furthermore for any M > 0, the ratio of the maxi-
mum to minimum eigenvalues of A (x, u, p) is bounded in @ X (—M, M) X E~,
then Qu is called uniformly elliptic. When Qu is elliptic but not necessarily uni-
formly elliptie, it is referred to as non-uniformly elliptic. The operator Qu is of
divergence form if there exists a vector function d(x, u, p) = @‘(x, u, p) such that
a“(x’ u, p) = 8/6pi{ai(x) u, )}, t.e.

2) Qu = div. d(z, u, u.,) + a(z, u, u.)

where div = 2"9/ox; .

Our concern here is with non-uniformly elliptic divergence structure equations.
In fact, no restrictions on the maximum eigenvalues of A (x, u, p) will be present
in our theorems. The problem is to determine growth conditions satisfied by
the inhomogeneous terms of (2) with respect to A\(z, 4, p) so that the Dirichlet
problem for Qu and suitable boundary conditions is solvable; a solution of the
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