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1. Introduction. In a sense, this paper is a sequel to [1], vhere we studied
seminorms which measured the "non-compactness" of operators. If we had
followed the terminology used there, we would have called the present paper
"Measures of non-strict-singularity." We introduce four "measures" as follows:
For an operator A . B(X, Y) we set

r(A) glb [IA[ul[,
M

A(A) lub glb IAII !,
M NcM

r(A) lub glb IIAxll,

u(A) lub glb llAxll,
codim M< M

where M, N represent infinite dimensional subspaces of X and AIM denotes the
restriction of A to M. We prove the following relationships among these quan-
tities:

(1.1) v(A) <= T(A) <- A(A) (Theorem 2.6).

(.2) (A) _< r(A) __< a(A) (Theorem 2.19).

(1.3) r(A + B) -< r(A) + z(B) (Theorem 2.1).

(1.4) A(A + B) __< A(A)+ A(B) (Theorem 2.2).

(1.5) r(AB) __< A(A) I’(B) (Theorem 2.3).

(1.6) A(AB) N_ A(A)A(B) (Corollary 2.5).

(1.7) r(A) glb glb I’4BII (Theorem 2.8).
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