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Let O C C C” be an open set with a smooth defining function r € C*(Q),
Q = {r <0}, dr #0 on 3Q = {r = 0} such that r is strongly plurisubharmonic

at each point of Q. Let B = (i/2) 2 dz, A dz, be the standard Kihler

form on C” and d° = i(d — 9). The following formula for f = u + iv €
C*(Q) N C'(Q) was introduced in [2, page 378]:

)

M S ri(dd°uy’ + (ddv)’) A B = - S 17 + X 9,.f17

where

19,12 =drna2i,f A3, fAB"
is nonnegative on 9§} because 3 > 0, and

|0f12 = ddr A 2idf A 9f A B

is nonnegative on Q because 8 > 0 and dd°r > 0.
First we note that this gives a new proof of a theorem of Bochner [3].
A related argument has also been used by Siu [8].

Theorem 1. Letf € C'(Q) be harmonic on Q. Then

S 5,112 = S 5712

a Q

and, in particular, f is holomorphic on Q if and only if 5b f vanishes on
0.

Proof. From the formula (1), we only have to show that (dd°u)’ n B" >
and (dd°v)’ A B"~? are nonpositive; i.e. nonpositive multiples of the volume
form (1/n!) B". At a given point of , a unitary change of coordinates

can be made so that dd°u = (i/2) >, \, dz; A dZ,. Then > \, = Au =
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